
��� 517.518.85�� ����� �Ǒ��������. �. �����������®å®«®¢ �. �.�«ï âà¥ã£®«ì­®© ¬ âà¨æë ã§«®¢ ¨­â¥à¯®«¨à®¢ ­¨ï M = {xk,n} ­ ®âà¥§ª¥ [−1, 1℄ ¯® n-© áâà®ª¥ −1 6 x0,n < x1,n < · · · < xn,n 6 1, n =3, 4, 5, . . . , ¤«ï «î¡®© ­¥¯à¥àë¢­®© äã­ªæ¨¨ f(x) ∈ C[−1, 1℄ ®¯à¥¤¥«¨¬¨­â¥à¯®«ïæ¨®­­ë© ¯à®æ¥áá � £à ­�  {Ln(M, f, x)}∞n=3:
Ln(M, f, x) = n∑

k=0 f(xk,n)lk,n(M, x), (1)£¤¥
lk,n = ωn(x)

ω′
n(xk,n)(x − xk,n) , ωn(x) = n∏

i=0(x− xk,n).�«¥¤ãï �. �. �¥à­èâ¥©­ã [1℄, ¯à¨ «î¡®¬ n > 3 ¤«ï äã­ªæ¨¨ f(x) ∈
C[−1, 1℄ ¯®«®�¨¬

Bn(M, f, x) = n∑

k=0 f(xk,n)λk,n(M, x), (2)£¤¥
λ0,n(M, x) = l0,n(M, x), λn,n(M, x) = ln,n(M, x),

λ1,n(M, x) = 3l1,n(M, x) + l2,n(M, x)4 ,

λn−1,n(M, x) = 3ln−1,n(M, x) + ln−2,n(M, x)4 ,

λk,n(M, x) = lk−1,n(M, x) + 2lk,n(M, x) + lk+1,n(M, x)4 .
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208 �®å®«®¢ �. �.�¨««§ ¨ � à¬  [2℄ à áá¬®âà¥«¨ ¯à®æ¥áá (2) ¢ á«ãç ¥ ¬ âà¨æë �¥-¡ëè¥¢  ¢â®à®£® à®¤ , â. ¥. ¬ âà¨æë U , n-ï áâà®ª  ª®â®à®© á®áâ®¨â ¨§­ã«¥© ¬­®£®ç«¥­ 
ωn+1(U, x) = (1− x2)Un−1(x),£¤¥ Un−1 | ¬­®£®ç«¥­ �¥¡ëè¥¢  ¢â®à®£® à®¤  áâ¥¯¥­¨ n − 1, ¨ ¯®ª -§ «¨, çâ® lim

n→∞
max

x∈[−1,1℄ |f(x) −Bn(U, f, x)| = 0¤«ï «î¡®© äã­ªæ¨¨ f(x) ∈ C[−1, 1℄ (­  á ¬®¬ ¤¥«¥ ¢ [2℄ ¯®«ãç¥­ ¡®«¥¥á¨«ì­ë© à¥§ã«ìâ â ® ¯®àï¤ª¥ ­ ¨«ãçè¥£® ¯à¨¡«¨�¥­¨ï).Ǒãáâì α, β > −1 ¨ {P (α,β)
n (x)}∞

n=3 | ¯®á«¥¤®¢ â¥«ì­®áâì ¬­®£®-ç«¥­®¢ �ª®¡¨, ®àâ®£®­ «ì­ëå ­  ®âà¥§ª¥ [−1, 1℄ á ¢¥á®¬ w(x) = (1 −
x)α(1 + x)β . � ª ç¥áâ¢¥ ¬ âà¨æë ¨­â¥à¯®«¨à®¢ ­¨ï ¢®§ì¬¥¬ ¬ âà¨æã,á®áâ ¢«¥­­ãî ¨§ ª®à­¥© ¬­®£®ç«¥­  (1− x2)P (α,β)

n−1 (x), ¨ ¯® n-© áâà®ª¥íâ®© ¬ âà¨æë M(α,β) = {xk,n}n
k=1, n = 3, 4, . . . , −1 = xn,n < xn−1,n <

· · · < x1,n = 1, § ¯¨è¥¬ ¯® ä®à¬ã«¥ (2) ¬­®£®ç«¥­ Bn(M(α,β), f, x) ¤«ïäã­ªæ¨¨ f(x) ∈ C[−1, 1℄.�¥®à¥¬  1. �á«¨ |α| = |β| = 1/2, â® ¤«ï «î¡®© äã­ªæ¨¨ f(x) ∈
C[−1, 1℄ á¯à ¢¥¤«¨¢®lim

n→∞
max

x∈[−1,1℄ |f(x)−Bn(M(α,β), f, x)| = 0.�«îç¥¢ë¬ ¬®¬¥­â®¬ ¤®ª § â¥«ìáâ¢  ï¢«ï¥âáï ãáâ ­®¢«¥­¨¥ á¯à -¢¥¤«¨¢®áâ¨ ­¥à ¢¥­áâ¢
n−2∑
k=2 |lk(M(α,β), x) + lk+1(M(α,β), x)| 6 C(α,β) ¯à¨ |α| = |β| = 12 ,£¤¥ C(α,β) > 0 § ¢¨áïâ â®«ìª® ®â α ¨ β.Ǒãáâì M = Ml, £¤¥ Ml | ¬ âà¨æ  à ¢­®®âáâ®ïé¨å ã§«®¢ ­  ®â-à¥§ª¥ [−1, 1℄: xk,n = −1 + 2k

n , k = 0, 1, 2, . . . , n; n = 1, 2, 3, . . . .� [1℄ �. �. �¥à­èâ¥©­ § ¬¥â¨«, çâ® ¤«ï ¬ âà¨æë Ml ¯®¤®¡­®¥ (2)ý¢­¥á¥­¨¥ ¯®¯à ¢®ª ã�¥ ­¥ ï¢«ï¥âáï ¤®áâ â®ç­ë¬þ. � ª�¥ ¨§¢¥áâ­®,çâ® ¯à®æ¥áá {Ln(Ml, f, x)}∞n=1 áå®¤¨âáï ¢ ®ªà¥áâ­®áâ¨ â®çª¨ x = 0 ¨á¯à ¢¥¤«¨¢ 



�¡ ®¤­®¬ ®¯¥à â®à¥ �. �. �¥à­èâ¥©­  209�¥®à¥¬  2 [3℄. �«ï ª �¤®£® r > 0 ­ ©¤¥âáï â ª ï ¯®áâ®ï­­ ï
Ar, çâ® max

|x|6r/
√

n
λn+1(Ml, x) 6 Ar lnn.�¤¥áì λn(Ml, x) | äã­ªæ¨ï �¥¡¥£  ¨­â¥à¯®«ïæ¨®­­®£® ¯à®æ¥áá � £à ­�  (1).�¡®§­ ç¨¬ ç¥à¥§ µn(Ml, x) äã­ªæ¨î �¥¡¥£  ¯à®æ¥áá  (2).�¥®à¥¬  3. �«ï ª �¤®£® r > 0 ­ ©¤¥âáï â ª ï ¯®áâ®ï­­ ï Br,çâ® max

|x|6r/
√

n
µn+1(Ml, x) 6 Br lnn.� ¬¥ç ­¨¥. �¤ «®áì «¨èì ¯®ª § âì, çâ® Br < Ar.�  à¨á. 1 ¯®ª § ­® ¯®¢¥¤¥­¨¥ ¬­®£®ç«¥­  � £à ­�  (1) ¨ ¬­®£®-ç«¥­  (2) ¯à¨ ¯à¨¡«¨�¥­¨¨ äã­ªæ¨¨ f(t) = |t|, n = 10.

�¨á. 1.�¥®à¥¬  4. �«ï ª �¤®£® r > 0 ­ ©¤¥âáï x′, |x′| 6 r/
√
n, â ª®©,çâ® lim

n→∞
µn(Ml, x

′)lnn = c > 0.
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